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Intuitionistic modal logic, despite more than sixty years of investigation [5, 4, 11], still
partly escapes our comprehension. Structural proof theoretic accounts of intuitionistic
modal logic have adopted either the paradigm of labelled deduction in the form of
labelled natural deduction and sequent systems [9], or the one of unlabelled deduction
in the form of sequent [2] or nested sequent systems [10, 1] (for a survey see [6, Chap. 3]).
Both of these approaches are still under active investigation. For instance, Dalmonte et
al recently proposed a framework for fragments of intuitionistic modal logics [3] using
unlabelled sequents that they relate to a new intuitionistic version of neighbourhood
semantics.
In this talk, we would like to give an overview of the current landscape of intuitionistic modal proof theory and illustrate how these “old and new” approaches can
complement each other. We will present a refinement of the labelled approach to what
we called a fully labelled framework [7]. Taking full advantage of the standard birelational semantics of intuitionistic modal logic [8], it allows us to account for intuitionistic
modal logic extended with a large class of axioms.
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[4] Gisèle Fischer Servi, Axiomatizations for some Intuitionistic Modal Logics,
Rendiconti del Seminario Matematico dell’ Università Politecnica di Torino,
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